i=2
det Ai = det A, so that in the resulting factorization of detA*I=A*Aadj= fiA, a=1
with A = A,, every factor Ai plays the same role.
Let f(x) = x* + u~x~-' + + * -+ a,_,x + a, be the characteristic polynomial of A and let s1i, . . . , cc, be the characteristic roots. Let il,, . . . , A, be the zeros of x~-' + ui~~-~ + * * * + u,~_, and A1 = 0.
THEOREM

1.
The adjugate of A is the product nrE2 (&I -A) and det(A -&I) = det A.
Proof.
We first assume det A # 0. Then
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This part Am-l + ulAn--e + . . * + a,_,I
proves the first part of the theorem. In order to prove the second consider the algebraic equation of degree n in A:
This equation has n roots 1. They are 1, = 0 and the quantities A,, . . . ,A, 
Remarks.
1. In the matrix whose (i, k) element is CQ -1, each row or column has the same product. For the columns this follows from (1).
For the rows it follows by an easy computation.
Special examples are:
(1) xn + a. Here all the A's are zero. 
